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In the realm of industrial automation, the Proportional-Integral-Derivative (PID) controllerremains the

cornerstone of process regulation. Despite the advent of advanced control strategies such as Model Predictive

Control (MPC) or neural networks, over 95% of industrial control loops still utilize PID logic due to its simplicity,

robustness, and clear physical interpretation. However, the efficacy of a PID controller is entirely dependent on its

tuning parameters: the proportional gain (Kp), integral time (Ti), and derivative time (Td).

Historically, tuning these controllers was a manual, iterative, and often hazardous process. Engineers relied on trial-

and-error or open-loop step tests that could destabilize sensitive processes. The Relay Feedback Approach, 

popularized by Åström and Hägglund and further refined by technical luminaries like C.C. Yu , revolutionized this

field. This method allows for the automated identification of process dynamics—specifically the ultimate gain and

ultimate period—under closed-loop conditions, enabling the calculation of optimal PID parameters with minimal

human intervention. This article provides an exhaustive technical analysis of relay feedback autotuning, its

mathematical foundations, and its practical implementation in modern industrial environments.

The Critical Need for Autotuning in Modern Industry

As industrial processes become more complex, the number of control loops in a single plant can reach into the 

thousands. Manually tuning each loop is not only time-consuming but also prone to human error. Suboptimal tuning 

leads to increased energy consumption, excessive equipment wear, and inconsistent product quality. Autotuning

addresses these challenges by providing a systematic, repeatable method for determining controller settings.

The Relay Feedback Approach is particularly valued because it operates near the critical frequencyof the

system. Unlike step-response methods, which only provide information about the process at low frequencies, relay

feedback identifies the point on the Nyquist curve where the phase shift is 180 degrees. This information is vital for

ensuring stability and performance robustness.

Core Concepts: The Mechanics of Relay Feedback

The fundamental principle of relay feedback autotuning involves replacing the PID controller with a simple 

nonlinear relay element during the tuning phase. This creates a controlled oscillation, known as a limit cycle, in

the process variable.

1. The Limit Cycle Mechanism

When a relay is introduced into the feedback loop, the system begins to oscillate. The relay switches between two 

values (e.g., +d and -d) whenever the process variable crosses the setpoint. Because most industrial processes act 

as low-pass filters, the higher harmonics of the square wave produced by the relay are filtered out, resulting in a 

nearly sinusoidal oscillation of the process variable. This oscillation provides the ultimate period (P<sub>u</sub>)

 and the ultimate gain (K<sub>u</sub>) without ever driving the system to the point of unstable, runaway growth.

2. Describing Function Analysis

To mathematically analyze the relay-controlled system, engineers use the Describing Function (DF) method. The 



DF of a relay with amplitude d is given by:

N(a) = 4d / (&pi;a)

Where ais the amplitude of the resulting oscillation in the process variable. The condition for oscillation occurs

when the loop gain is -1, leading to the identification of the process frequency response at the phase crossover

frequency. The ultimate gain can then be estimated as:

K<sub>u</sub> = 4d / (&pi;a)

Theoretical Framework and Mathematical Modeling

The strength of the relay feedback approach lies in its ability to extract process information relevant to PID tuning

with high precision. By observing the limit cycle, we can identify a single point on the process Transfer Function

G(s). Specifically, the point where the phase of G(j&omega;) is -&pi;.

Mathematical Derivation of Tuning Parameters

Once the ultimate gain (Ku) and ultimate period (Pu) are identified, classical tuning rules like Ziegler-Nichols (Z-N) 

or Tyreus-Luybencan be applied. C.C. Yu’s research emphasizes that while Z-N provides a good starting point,

refined relay feedback models allow for better handling of dead time and non-linearities.

•  Proportional Gain (Kp): 0.6 * Ku (for Z-N)

•  Integral Time (Ti): 0.5 * Pu (for Z-N)

•  Derivative Time (Td): 0.125 * Pu (for Z-N)

For systems requiring more conservative control (e.g., to avoid overshoot), the Tyreus-Luybensettings are often

preferred, utilizing a lower Kp and higher Ti.

The Role of Hysteresis

In real-world industrial environments, measurement noise is an omnipresent challenge. A pure relay would switch 

rapidly due to noise, leading to "chatter" and inaccurate tuning. To mitigate this, a hysteresis width (h)is added to

the relay. The relay only switches when the error exceeds the hysteresis threshold. This makes the autotuning

process robust against noise but requires a slight modification to the Ku calculation:

K<sub>u</sub> = 4d / (&pi; &radic;(a<sup>2</sup> - h<sup>2</sup>))

Technical Analysis: Relay Feedback vs. Classical Methods

Choosing the right tuning method depends on the process dynamics, safety requirements, and the level of

expertise available. The following table provides a comparative analysis of the Relay Feedback Approach against

traditional methods.



Feature Relay Feedback 
(Autotuning)

Ziegler-Nichols (Manual) Step Response (Open 
Loop)

Operation Mode Closed-Loop (Controlled 
Oscillation)

Closed-Loop (Near 
Instability)

Open-Loop (Static)

Safety High (Amplitude is 
bounded)

Low (Risk of instability) Moderate (Process may 
drift)

Noise Tolerance High (with Hysteresis) Low Low

Time Required Short (2-3 cycles) Varies (Trial &amp; Error) Long (Needs stabilization)

Information Gained Frequency Response at 
Phase Crossover

Ultimate Gain/Period Process Gain, Time 
Constant, Dead Time

Practical Implementation: A Step-by-Step Field Guide

To implement relay feedback autotuning in a Programmable Logic Controller (PLC) or Distributed Control System

(DCS), the following procedural workflow is recommended:

Step 1: Preparation and Steady State

Ensure the process is at a steady state at the desired operating point. The autotuning should be performed under

conditions that represent typical operation, as PID parameters are often operating-point dependent.

Step 2: Configuration of Relay Parameters

Select the relay amplitude (d). A common rule of thumb is to set dto be 5-10% of the control signal range. Set the

hysteresis (h) slightly above the observed noise level of the measurement signal.

Step 3: Initiation of the Limit Cycle

Switch the controller from PID mode to Relay mode. Monitor the process variable as it begins to oscillate around 

the setpoint. It is crucial to allow the system to complete at least 3 to 5 stable cycles to ensure the measurement of 

a and P<sub>u</sub> is accurate.

Step 4: Data Extraction and Calculation

Measure the peak-to-peak amplitude of the process variable oscillation and the time between consecutive peaks.

Calculate Ku and Pu using the formulas derived from the describing function analysis. Apply the chosen tuning

rules (e.g., Z-N or Tyreus-Luyben).

Step 5: Validation and Handover

Switch back to PID mode using the new parameters. Observe the system response to a small setpoint change.

Verify that the settling time, overshoot, and steady-state error meet the process specifications.

Advanced Topics: Handling Nonlinearities and Multiple Models

As highlighted in C.C. Yu’s "Autotuning of PID Controllers," industrial processes are rarely perfectly linear. Non-

linearities can stem from valve characteristics (hysteresis, stiction), pH curves, or heat transfer coefficients that

change with temperature.



Multiple-Model Approach

For highly nonlinear processes, a single set of PID parameters is insufficient. The multiple-model approach

involves performing relay feedback autotuning at various operating points. The controller then uses "gain

scheduling" to transition between these parameter sets based on the current process state. This ensures optimal

performance across the entire operating range.

Improved Phase Margin Method

Advanced autotuners don't just look for the -&pi; phase point. By using a relay with an integrator or a biased relay, 

engineers can identify points on the Nyquist plot with different phase angles. This allows for Phase Margin (PM) 

and Gain Margin (GM)design, providing a much higher degree of control over the stability and speed of the

response.

Case Studies and Real-World Applications

Case Study 1: Temperature Control in a Chemical Reactor

In an exothermic chemical reactor, maintaining a precise temperature is critical for safety and product yield. Manual

tuning is dangerous because the process is inherently unstable. By applying relay feedback autotuning, the plant

engineers were able to identify the ultimate gain safely. The resulting PID parameters reduced temperature

fluctuations from &plusmn;2.5&deg;C to &plusmn;0.4&deg;C, significantly increasing the catalyst life.

Case Study 2: Level Control in a Surge Tank

Surge tanks often exhibit "integrating" behavior. Standard Z-N tuning often results in aggressive oscillations in such 

systems. By using the relay feedback method with a modified Tyreus-Luyben rule, an automated system was

able to determine the optimal PI settings that provided smooth level control, preventing pump cavitation and

downstream flow surges.

Troubleshooting Common Autotuning Challenges

Even with advanced algorithms, several factors can interfere with the autotuning process:

•  Excessive Process Noise: If the hysteresis is too small, the relay will switch on noise, leading to nonsense 

results. Solution: Increase hysteresis or apply a low-pass filter to the measurement signal before it reaches the relay.

•  Large Dead Time: Processes with very long dead times (L) relative to the time constant (T) are notoriously 

difficult to tune. Solution: Use the relay feedback to identify a first-order plus dead-time (FOPDT) model and apply 

Smith Predictor logic or specialized dead-time compensation tuning rules.

•  Valve Stiction: If the control valve is "sticky," the limit cycle will be distorted, leading to an overestimation of the 

ultimate period. Solution: Perform a valve signature test before autotuning and ensure the hardware is in good 

working order.

Summary and Broader Implications

The development and refinement of the relay feedback approach for PID autotuning represent a significant

milestone in control engineering. By bridging the gap between complex control theory and practical industrial

application, this method has democratized high-performance control. For the modern engineer, understanding the

nuances of the relay feedback approach—from the mathematics of describing functions to the practicalities of

hysteresis and gain scheduling—is essential.

As we move toward the era of Industry 4.0and autonomous plants, the role of autotuning will only expand. Future



developments are likely to integrate relay feedback with machine learning algorithms to provide "continuous

autotuning" or "self-healing" control loops that can detect and adapt to equipment degradation in real-time. The

work of pioneers like C.C. Yu continues to serve as the foundation for these innovations, ensuring that the humble

PID controller remains a reliable and efficient tool for years to come.

Baca Juga (Artikel Terkait)

•  Comprehensive Guide to Automatic Control Engineering: Mathematical Foundations and Practical 
Applications

   URL: http://alghafgolden.com/comprehensive-guide-automatic-control-engineering-raven-principles.pdf

•  Comprehensive Guide to Automatic Control Systems: Theory, Modeling, and Practical Engineering 
Solutions

   URL: http://alghafgolden.com/comprehensive-guide-automatic-control-systems.pdf

•  Comprehensive Guide to Automatic Control Systems: Advanced Engineering Principles and Solution 
Methodologies

   URL: http://alghafgolden.com/automatic-control-systems-9th-edition-comprehensive-guide.pdf

•  Comprehensive Guide to Automatic Control Systems: Principles, Modeling, and Advanced Controller 
Design

   URL: http://alghafgolden.com/automatic-control-systems-principles-modeling-design-guide.pdf

Tags: #PID Tuning  #Autotuning  #Relay Feedback  #Industrial Automation  #Control Systems  #Process Dynamics  #C.C. Yu

http://alghafgolden.com/comprehensive-guide-automatic-control-engineering-raven-principles.pdf
http://alghafgolden.com/comprehensive-guide-automatic-control-engineering-raven-principles.pdf
http://alghafgolden.com/comprehensive-guide-automatic-control-systems.pdf
http://alghafgolden.com/comprehensive-guide-automatic-control-systems.pdf
http://alghafgolden.com/automatic-control-systems-9th-edition-comprehensive-guide.pdf
http://alghafgolden.com/automatic-control-systems-9th-edition-comprehensive-guide.pdf
http://alghafgolden.com/automatic-control-systems-principles-modeling-design-guide.pdf
http://alghafgolden.com/automatic-control-systems-principles-modeling-design-guide.pdf


Page 1 of 5



Page 2 of 5



Page 3 of 5



Page 4 of 5



Page 5 of 5


